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series which correspond to sets of functions. It is, of course, just possible that this distinction may be due to the nature of the algorithm employed in deriving the functional equivalent of the series, but it is far more probable that the difference is intrint*-and independent of the particular algorithm. If this view be co rect, the method ofJBorel which gives a single functional equivalei 1 (            is limited in its application to series of the first class.
1               An extension of the work of Stidtjes has been sought in two dis !
tinct directions by modification of the conditions imposed upon hif ? series.    JBorel [43] so modifies them as to make the series (when \ ;                divergent) fulfill the requirement imposed in lecture 2 and permit of  ^
j            manipulation precisely as a convergent series.   In the last number of     **
the Transactions * [45] I began a study of series which are subject to        * only one of the two restrictions expressed in the inequalities (10), ;      ;            but was obliged to bring the work to a hurried close to prepare these
;^    ;           lectures.   In the main, the corresponding continued fractions have
?;,                the same properties as the continued fraction of Stieltjes, but a con-
?     \           siderable difference is shown in regard to convergence.    Though
]                 the roots of the numerators and denominators of the convergents
are still real, they are no longer confined to the negative half ;,                 of the real axis, and may be infinitely thick along the entire
;     :           extent of the axis.    In certain cases the continued fraction con-
'*  '*,           verges in the interior of the positive and negative half planes,
I    !           defining in each an analytic function which has the real axis as a
I   'I           natural boundary.    The continued fraction therefore effects the
i  'I                        .
£                continuation of an analytic function across such a boundary, and
|   l\            gives a natural instance of such a continuation f—natural in dis-
|  ;             tinction from artificial examples set up with the express object of
f               showing the possibility of a unique, non-analytic extension.
I    '.                Pade [17, a] has suggested the foundation of a theory of diver-
'/I   j               * July, 1903.
" f,   \t                   t Earlier instances of a natural continuation are also to be found, as, for
"#    i              example, that afforded by
'
m   m' (m -f- m'w) across the axis of reals.ption of the negative half of the real axis. We suppose, with Fade* that the absolute term of JDn is taken equal to 1.
